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Germs of the height function H are Morse family at any points. Then we can 
construct following immersion germs :
Legendrian immersion germ 

    (  S = S  ∩{V|v 0 > ０ }  without loss of generality)

)

Let W(L H ) be a wave front of LH  ,then 
                         D H    =   W (L H )
at the set germ. So classification of singularities of e(U)  ⇔ W (L H ) .
Theorem
Let ui  U  (i=1,2) , H∈ ( i )　and LH(i)  be corresponding germs around ui .
If LH(i)  are Legendrian stable , then following conditions are equivalent ;

n+1



To consider geometric meanings of above equivalence , we use the theory of contact due to Montaldi .

By applying it to our case , we have the following .
Theorem      Following conditions are equivalent ;

     



Also , germs of the height function H are Morse (hypersurfase) family at 
any points. Then we can construct following immersion germs :
Lagrangian immersion germ 

Let C (L(H) ) be a caustic of L(H)  ,then 
                         B H    =   C (L(H) )
at the set germ. So classification of singularities of evolute  ⇔ C (L H ) .

Teorem
Let ui  U (i=1,2) , H∈ ( i ) 　and L( H( i ))  be corresponding germs around ui .
If L( H( i )) are Lagrangian stable , then following conditions are equivalent ;

If two Lagrangian immersion germs are Lagrangian equivalent , then their caustics are diffeomorphic.



To consider geometric meanings of above equivalence , we use the theory of 
contact due to S.Izumiya , D.Pei and M.Takahashi .

By applying it to our case, we have the following.
Theorem      Following conditions are equivalent ;
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